lournal of

athematical
nequalities

Volume 8, Number 1 (2014), 113-122 doi:10.7153/jmi-08-07

[1]

[2

—

[3]

[4

=

[5]
[6]
[7]
[8]
[9]
[10]
[11]
[12]

[13]

[14]

ON k-QUASI-PARANORMAL OPERATORS

FUGEN GAO AND XIAOCHUN LI

Abstract. For a positive integer k, an operator T € B(.) is called k-quasi-paranormal if
IT*+1x)|? < || T%+2x]||| T*x|| for all x € #, which is a common generalization of paranormal
and quasi-paranormal. In this paper, firstly we prove some inequalities of this class of oper-
ators; secondly we give a necessary and sufficient condition for 7 to be k-quasi-paranormal.
Using these results, we prove that: (1) if [|7"+1|| = ||T||"*! for some positive integer n > k,
then a k-quasi-paranormal operator 7 is normaloid; (2) if E is the Riesz idempotent for an
isolated point Ay of the spectrum of a k-quasi-paranormal operator 7', then (i) if Ag # 0 , then
EAN =ker(T —X); (ii) if 4 =0 , then E = ker(T**1).
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