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WEIGHTED CONDITIONAL EXPECTATION OPERATORS

JOHN DAVID HERRON

Abstract. This paper presents the fundamental operator-theoretic properties of products of con-
ditional expectation and multiplication operators. It is shown that boundedness of such a product
need not depend on the boundedness of the multiplication operator. The spectrum is described,
as is the unique polar decomposition. It is also shown that compactness implies the existence of
an atom in the underlying o -subalgebra. An algebra containing such operators is shown to be
weakly closed and, when the underlying space is of finite measure, its commutant is an algebra
of multiplication operators with suitably measurable symbol.
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