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ON VAN DE LUNE – ALZER’S INEQUALITY

S. ABRAMOVICH, J. BARIĆ, M. MATIĆ AND J. PEČARIĆ

Abstract. In this paper it is shown that the inequality known in the literature as Alzer’s inequality
(1993), has already been known since 1975. and is due to Jan van de Lune. A review of different
methods in proving Van de Lune - Alzer’s inequality and generalizations in a several directions,
is given. It is shown how some results and proofs can be corrected, refined and extended. New
results, inspired by the generalization of Van de Lune - Alzer’s inequality for increasing convex
sequences presented by N. Elezović and J. Pečarić, are obtained.
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[5] I. BRNETIĆ, J. PEČARIĆ, Comments on some analytic inequalities, J. Inequal. Pure Appl. Math. 4, (2003),

no. 1, Article 20.
[6] C.-P. CHEN, F. QI, Notes on proofs of Alzer’s inequality, Octogon Mathematical Magazine 11 (2003),

no. 1, 29–33.
[7] C.-P. CHEN, F. QI, The inequality of Alzer for negative powers, Octogon Mathematical Magazine 11

(2003), no. 2, 442–445.
[8] C.-P. CHEN, F. QI, On integral version of Alzer’s inequality and Martins’ inequality, RGMIA Research

Report Collection 8 (2005), no. 1, Article 13. http://rgmia.vu.edu.au/v8n1.html.
[9] C.-P. CHEN, F. QI, Monotonicity properties for generalized logarithmic means, Australian Journal of

Mathematical analysis and Applications 1, (2004), no. 2, Article 2.
[10] C.-P. CHEN, F. QI, Extension of an inequality of H. Alzer for negative powers, Tamkang J. Math. 36

(2005), no. 1, 69–72.
[11] C.-P. CHEN, F. QI, Generalization of an inequality of Alzer for negative powers, Tamkang J. Math. 36

(2005), no. 3, 219–222.
[12] C.-P. CHEN, F. QI, Note on Alzer,s inequality, Tamkang J. Math. 37 (2006), no. 1, 11–14.
[13] C.-P. CHEN, F. QI, P. CERONE, S.S. DRAGOMIR, Monotonicity of sequences involving convex and concave

functions, Mathematical Inequalities and Applications 6 (2003), no. 2, 229–239.
[14] S.S. DRAGOMIR, J. VAN DER HOEK, Some new inequalities and their applications in guessing theory, J.

Math. Anal. Appl., 225 (1998), 542–556.
[15] S.S. DRAGOMIR, J. VAN DER HOEK, Some new inequalities for the average number of guesses, Kyungpook

Math. J., 39, (1999.), no. 1, 11–17.
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