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ASYMPTOTIC EXPANSIONS OF BIVARIATE

CLASSICAL MEANS AND RELATED INEQUALITIES

NEVEN ELEZOVIĆ AND LENKA VUKŠIĆ

Abstract. The subject of this paper are classical bivariate means and theirs behaviour for trans-
lated values of the arguments. The asymptotic expansions for eleven means are derived, with
respect to the shift variable. This approach enables better understanding of various relations
between these means.
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[5] P. S. BULLEN, D. S. MITRINOVIĆ, P. M. VASIĆ, Means and their inequalities, D Reidel, Dordrecht,

1988.
[6] Y. M. CHU, M. Y. SHI, Y. P. JIANG, Optimal inequalities for the power, harmonic and logarithmic

means, Bull. Iranian Math. Soc. 38, 3 (2012), 597–606.
[7] Y. M. CHU, M. K. WANG, Z. K. WANG, A sharp double inequality between harmonic and identric

means, Abstr. Appl. Anal. 2011, Article ID 657935.
[8] Y. M. CHU, M. K. WANG, Z. K. WANG, Best possible inequalities among harmonic, geometric and

Seiffert means, Math. Inequal. Appl. 15, (2) (2012), 415–422.
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