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ENDPOINT ESTIMATES FOR COMMUTATORS OF

SUBLINEAR OPERATORS IN THE MORREY–TYPE SPACES

HUA WANG

Abstract. Let [b,Tα ] (0 � α < n) be the commutators generated by BMO(Rn) functions and
a class of sublinear operators satisfying certain size conditions. The aim of this paper is to study
the endpoint estimates of these commutators on the weighted Morrey spaces and the generalized
Morrey spaces, under the assumptions that [b,Tα ] (0� α < n) satisfy (weighted or unweighted)
endpoint inequalities on R

n or on bounded domains. Furthermore, as applications of our main
results, we will obtain, in the endpoint case, the boundedness properties of many important
operators in classical harmonic analysis on the weighted Morrey and the generalized Morrey
spaces.

Mathematics subject classification (2010): 42B20, 42B25, 42B35.
Keywords and phrases: Sublinear operators, weighted Morrey spaces, generalized Morrey spaces,

commutators, BMO.

RE F ER EN C ES

[1] D. R. ADAMS, A note on Riesz potentials, Duke Math. J, 42 (1975), 765–778.
[2] F. CHIARENZA AND M. FRASCA, Morrey spaces and Hardy-Littlewood maximal function, Rend.

Math. Appl, 7 (1987), 273–279.
[3] D. CRUZ-URIBE AND A. FIORENZA, Endpoint estimates and weighted norm inequalities for com-

mutators of fractional integrals, Publ. Mat., 47 (2003), 103–131.
[4] D. CRUZ-URIBE AND A. FIORENZA, Weighted endpoint estimates for commutators of fractional

integrals, Czechoslovak Math. J., 57 (132) (2007), 153–160.
[5] Y. DING AND S. Z. LU, Higher order commutators for a class of rough operators, Ark. Mat., 37

(1999), 33–44.
[6] Y. DING, S. Z. LU AND P. ZHANG, Weighted weak type estimates for commutators of the

Marcinkiewicz integrals, Sci. China (Ser. A), 47 (2004), 83–95.
[7] J. DUOANDIKOETXEA,Fourier Analysis, American Mathematical Society, Providence, Rhode Island,

2000.
[8] J. GARCIA-CUERVA AND J. L. RUBIO DE FRANCIA,Weighted Norm Inequalities and Related Topics,

North-Holland, Amsterdam, 1985.
[9] V. S. GULIYEV, Boundedness of the maximal, potential and singular operators in the generalized

Morrey spaces, J. Inequal. Appl., Article ID 503948, (2009).
[10] V. S. GULIYEV, S. S. ALIYEV AND T. KARAMAN, Boundedness of a class of sublinear operators

and their commutators on generalized Morrey spaces, Abstr. Appl. Anal., Article ID 356041, (2011).
[11] V. S. GULIYEV, S. S. ALIYEV, T. KARAMAN AND P. S. SHUKUROV, Boundedness of sublinear

operators and commutators on generalized Morrey spaces, Integr. Equ. Oper. Theory, 71 (2011), 327–
355.

[12] F. JOHN AND L. NIRENBERG, On functions of bounded mean oscillation, Comm. Pure Appl. Math.,
14 (1961), 415–426.

[13] R. JOHNSON AND C. J. NEUGEBAUER, Change of variable results for Ap and reverse Hölder RHr
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