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EXTENSIONS OF A BONNESEN–STYLE INEQUALITY

TO MINKOWSKI SPACES

HORST MARTINI AND ZOKHRAB MUSTAFAEV

Abstract. Various definitions of surface area and volume are possible in finite dimensional
normed linear spaces (= Minkowski spaces). Using a Bonnesen-style inequality, we investigate
the ratio of the Holmes-Thompson surface area of the unit ball to its volume. In particular, in
the planar case a stronger lower bound for this ratio is established when the area is defined in
the sense of Holmes-Thompson, or is given by the definition of mass. From this we obtain some
(characteristic) properties of Radon curves.
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[24] SCHÄFFER, J.J., Geometry of Spheres in Normed Spaces, Marcel Dekker, Inc., New York-Basel, 1976.
[25] SCHNEIDER, R., Geometric inequalities Poisson processes of convex bodies and cylinders, Results Math.

11 (1987), 165-186.
[26] SCHNEIDER, R., Convex Bodies: The Brunn-Minkowski Theory, Encyclopedia of Mathematics and its

Applications, Vol. 44, Cambridge University Press, Cambridge, 1993.
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