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ON SOME EXTREMALITIES IN THE APPROXIMATE INTEGRATION

SZYMON WĄSOWICZ

Abstract. Some extremalities for quadrature operators are proved for convex functions of higher
order. Such results are known in the numerical analysis, however they are often proved under
suitable differentiability assumptions. In our considerations we do not use any other assump-
tions apart from higher order convexity itself. The obtained inequalities refine the inequalities
of Hadamard type. They are applied to give error bounds of quadrature operators under the
assumptions weaker from the commonly used.
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[7] E.HOPF, Über dieZusammenhänge zwischengewissenhöherenDifferenzenquotienten reellerFunktionen

einer reellen Variablen und deren Differenzierbarkeitseigenschaften, Dissertation, Friedrich–Wilhelms–
Universität Berlin, 1926.

[8] S.KARLIN, W. J. STUDDEN, Tchebycheff systems: with applications in analysis and statistics, Interscience
Publishers, New York 1966.

[9] M. KUCZMA, An Introduction to the Theory of Functional Equations and Inequalities. Cauchy’s
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