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A POWER MEAN INEQUALITY FOR THE GRÖTZSCH RING FUNCTION

GENDI WANG, XIAOHUI ZHANG AND YUMING CHU

Abstract. The Grötzsch ring function has numerous applications in geometric function theory
and its properties have been investigated by many authors. Here we extend an earlier functional
inequality involving the Grötzsch ring function and the geometric mean, due to Anderson, Va-
manamurthy and Vuorinen, to the case of power mean.
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tion functions, Hokkaido J. Math., 24 (1995), 551–566.

[2] G. D. ANDERSON, S.-L. QIU, M. K. VAMANAMURTHY, M. VUORINEN, Generalized elliptic inte-
grals and modular equations, Pacific J. Math., 192 (2000), 1–37.

[3] G. D. ANDERSON, M. K. VAMANAMURTHY, M. VUORINEN, Special functions of quasiconformal
theory, Exposition Math., 7 (1989), 97–138.

[4] G. D. ANDERSON, M. K. VAMANAMURTHY, M. VUORINEN, Functional inequalities for complete
elliptic integrals and their ratios, SIAM J. Math. Anal., 21 (1990), 536–549.

[5] G. D. ANDERSON, M. K. VAMANAMURTHY, M. VUORINEN, Inequalities for plane quasiconformal
mappings, in: Contemp. Math., vol. 169, Amer. Math. Soc., 1994, pp. 1–27.

[6] G. D. ANDERSON, M. K. VAMANAMURTHY, M. VUORINEN, Conformal Invariants, Inequalities,
and Quasiconformal Maps, John Wiley & Sons, New York, 1997.

[7] R. BALASUBRAMANIAN, S. PONNUSAMY, M. VUORINEN, Functional inequalities for the quotients
of hypergeometric functions, J. Math. Anal. Appl., 218 (1998), 256–268.

[8] F. BOWMAN, Introduction to Elliptic Functions with Applications, Dover, New York, 1961.
[9] P. S. BULLEN, Handbook of Means and Their Inequalities, Mathematics and Its Applications, vol.

560, Kluwer Academic Publishers, Dordrecht, 2003.
[10] P. F. BYRD, M. D. FRIEDMAN, Handbook of Elliptic integrals for Engineers and Physicists, 2nd ed.,

Die Grundlehren Math. Wiss., 67, Springer-Verlag, Berlin, 1971.
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