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WEIGHTED NORM INEQUALITIES FOR THE GENERALIZED
MULTILINEAR STIELTJES TRANSFORMATION
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Abstract. We characterize some weighted strong and weak-type inequalities for the generalized
Stieltjes and Calderén multilinear operators. As applications, we characterize a weighted multi-
linear Hilbert’s inequality and a weighted Hilbert’s multiple series theorem.

Mathematics subject classification (2020): 26D15.
Keywords and phrases: Calderén operator, Hilbert inequality, Hilbert operator, multilinear Hardy op-

erators, multilinear Stieltjes transform, Stieltjes transform, weighted inequalities, weights.

[1]
[2]
[3]
[4]
[5]
[6]

[7]
[8]

[9]
[10]
[11]
[12]
[13]
[14]
[15]

[16]

REFERENCES

M. I. AGUILAR CANESTRO, P. ORTEGA SALVADOR AND C. RAMIREZ TORREBLANCA, Weighted
bilinear Hardy inequalities, J. Math. Anal. Appl., 387, (2012), no. 1, 320-334.

K. ANDERSEN, Weighted inequalities for the Stieltjes transformation and Hilbert’s double series,
Proc. Roy. Soc. Edinburgh Sect. A, 86, (1980), no. 1-2, 75-84.

K. ANDERSEN AND B. MUCKENHOUPT, Weighted weak type Hardy inequalities with applications to
Hilbert transforms and maximal functions, Studia Math., 72, (1982), no. 1, 9-26.

J. S. BANSAH AND B. F. SEHBA, Boundedness criteria and norm of some multilinear Hilbert-type
operators, Abstract and Applied Analysis, Volume 2017, Article ID 6829093, 13 pages.

D. BEKOLLE, A. BONAMI, M. M. PELOSO, AND F. RicCI, Boundedness of Bergman projections on
tube domains over light cones, Mathematische Zeitschrift, 237, (2001), no. 1, 31-59.

A. BENYI AND T. OH, Best constants for certain multilinear integral operators, J. Inequal. Appl.,
2006, (2006), Article ID 28582, 1-12.

J. BRADLEY, Hardy inequalities with mixed norms, Canad. Math. Bull., 21, (1978), no. 4, 405-408.
F. CoBOsS, T. KUHN AND J. PEETRE, Multilinear forms of Hilbert type and some other distinguished
forms, Integr. equ. oper. theory, 56, (2006), 57-70.

D. CRUZ-URIBE, J. M. MARTELL AND C. PEREZ, Weighted weak-type inequalities and a conjecture
of Sawyer, International Mathematics Research Notices, vol. 2005, no. 30, 1849-1871.

E. V. FERREYRA, Weighted Lorentz norm inequalities for integral operators, Studia Math., 96, (1990),
no. 2, 125-134.

Z.Fu, L. GRAFAKOS, S. LU AND F. ZHAO, Sharp bounds for m-linear Hardy and Hilbert operators,
Houston J. Math., 38, (2012), no. 1, 225-244.

V. GARCIA GARCIA AND P. ORTEGA SALVADOR, Weighted inequalities for the multilinear Hilbert
and Calderdn operators and applications, J. Math. Inequal., 14, (2020), no. 1, 99-120.

G. H. HARDY, J. E. LITTLEWOOD AND G. POLYA, Inequalities, Cambridge Mathematical Library,
1934.

K. L1, S. OMBROSI AND C. PEREZ, Proof of an extension of E. Sawyer’s conjecture about weighted
mixed weak-type estimates, Math. Ann., 374, (2019), no. 1, 907-929.

K. L1, S. OMBROSI AND M. BELEN PICARDI, Weighted mixed weak-type inequalities for multilinear
operators, Studia Math., 244, (2019), no. 2, 203-215.

F.J. MARTIN-REYES AND S. OMBROSI, Mixed weak-type inequalities for one-sided operators, Quar-
terly J. Math., 60, (2009), no. 1, 63-73.

© ey, Zagreb

Paper MIA-24-53


http://dx.doi.org/10.7153/mia-2021-24-53

760 V. GARCIA GARCIA AND P. ORTEGA SALVADOR

[17] F.J. MARTIN-REYES, P. ORTEGA SALVADOR AND M. D. SARRION, Boundedness of operators
of Hardy type in AP -spaces and weighted mixed inequalities for singular integral operators, Proc.
Royal Soc. Edinburgh, 127A, (1997), no. 1, 157-170.

[18] E. SAWYER, A weighted weak-type inequality for the maximal function, Proc. Amer. Math. Soc., 93,
(1985), no. 4, 610-614.

Mathematical Inequalities & Applications

.ele-math.com

mia@ele-math.com



