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THE EXISTENCE AND EXPRESSIONS OF THE

INVERSE ALONG OPERATORS B AND C

CHUNYUAN DENG AND RUFANG LIU

Abstract. For given A,B,C ∈B(H ) , if there exists X ∈B(H ) such that XAB = B , CAX =C ,
R(X) = R(B) and R(X∗) = R(C∗), then A is called (B,C) -invertible and X is called the
(B,C) -inverse of A . In this paper, we find some explicit properties of the one sided-inverses and
(B,C) -inverses for linear bounded operators. Moreover, the solution X of the operator equations
XAB = B and CAX = C is expressed in terms of the inner inverses of the operators A , B and
C . We also present the equivalent conditions for the existence and expressions of the inverses
along operators B and C .
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[15] H. ZHU, J. CHEN, P. PATRÍCIO, Reverse order law for the inverse along an element, Linear and

Multilinear Algebra 65 (2017) 166–177.
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