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SHARP, DOUBLE INEQUALITIES BOUNDING THE FUNCTION
(1 +x)l/ * AND A REFINEMENT OF CARLEMAN’S INEQUALITY

VITO LAMPRET

Abstract. In the expansion

o j

; X

140 =e- Y (=1)/B;- [ —— ) , for —1<x#£0,

(19" e 3 1B #

the sequence B, is monotonically decreasing, bounded as % < limB, < B, < 18—0 , for n>4,
n—soo

and is given recursively as

1

4j+1
Bo=1 and Boy=Byus1 = 2 J

4]+232m 2j5 for m}l‘

For any integers m,n > 1, the double inequality

ezmzl m ( *) <€2 an)

holds, together with improved Carleman’s inequality

oo n 1/n 2m B
) j+1 j
Y (il—llxl> <e- 2 <1 > (-1) (2n+1)j>x,,7

n=1 j=1

true for every sequence x, > 0 such that 0 < ¥° ; x, < eo.
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